Introduction
The aerodynamics at low Reynolds numbers is of high relevance for the design of small domestic wind turbines with rotor diameters ranging from 2-7 m, corresponding to rated generator capacities of 0.3-10 kW. Laboratory-scale rotors and wind turbines used for research purposes (e.g., [1] [2] [3] ) are other examples of such flow regimes, while the flight of insects and unmanned aerial vehicles (UAV) are among the more general applications. UAVs are remotely-controlled small aerial vehicles operating at low chord Reynolds numbers (between 10,000 and 500,000; see [4] ). They are used as play toys in the entertainment industry and as tools for topography inspection. Other examples of low Reynolds number flows include flows in turbo-machinery blades and micro-air-vehicles [5] . Transitional Reynolds number flows around airfoils are complex in nature and may lead to uncertainties wind tunnel measurements in order to provide a deeper understanding of the fluid flow phenomena and the mechanisms in which stall cells are formed. With this in mind, the structure of this article is as follows: after the current introduction, Section 2 presents the airfoil geometry, as well as experimental setup. Details of lift, drag and pressure measurements, investigation of stall hysteresis, as well as oil flow visualization are covered in Section 3, and conclusions from various experiments are drawn in Section 4. The airfoil data for a wide range of Reynolds numbers and angle of attack are appended at the end for possible future validation studies.
The Experimental Setup
The experiments were performed in a low-speed open-loop wind tunnel as shown in Figure 1a . The tunnel's test section measures 1.3 m × 0.5 m × 0.5 m in streamwise, lateral and vertical directions, respectively, and due to a contraction ratio of 1:12.5, it is capable of delivering a uniform maximum velocity of U ∞ = 65 m/s with a maximum turbulent intensity of about 0.1% [28] . The vertically-mounted S826 airfoil shown in Figure 1b Reynolds numbers and angle of attack are added as appendices for future validation studies.
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The tunnel's test section measures 1.3m × 0.5m × 0.5m in streamwise, lateral, and vertical directions, respectively, and due to a contraction ratio of 1:12.5, it is capable of delivering a uniform maximum 89 velocity of U ∞ =65 m/s with a maximum turbulent intensity of about 0.1% [26] . The vertically mounted The wind tunnel is equipped with a force balance for lift measurements, a wake-rake for wake 93 and subsequently drag measurement (the latter being based on analysis of momentum loss and valid
94
at pre-stall attached flow) and multiple pressure taps on sidewalls of the test section which can be used to avoid transitional effects, giving a total of 1000 realizations at each experiment. The wake-rake 104 and sidewall pressure taps are connected to the same pressure sensors as those used for the airfoil.
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The stagnation pressure is then measured in front of each tube. The airfoil is made of Aluminium 106 using CNC-milling, with a surface accuracy of ±0.01mm. Due to the machining limitations, the trailing 107 edge is cut with a finite thickness of 0.5mm. Figure 2 shows the location of the pressure taps and the 108 corresponding normal vectors at each location. The wind tunnel is equipped with a one component, full bridge force balance for lift measurements, a wake-rake for wake and subsequently drag measurement (the latter being based on analysis of momentum loss and valid at pre-stall attached flow) and multiple pressure taps on sidewalls of the test section, which can be used to investigate flow uniformity, as well as lift integration. The bottom of the airfoil is connected to the force gage through a connection rod where the other end can rotate freely. Two different gages with ±200 N (±0.03 N) and ±20 N (±0.002 N) are used depending on the magnitude of forces experienced by the wind. The wake-rake, consisting of 32 measuring points, is mounted x = 1.6c downstream of the airfoil and at a height z = 2.1c of the test object. Airfoil pitching is performed using a set of JVL MAC servomotor with a resolution of 4096 pulses per revoluttion and encoder with an accuracy of ±0.01 • . Thirty pressure taps are mounted unevenly over the airfoil at mid-span and along a 30 • chordwise line. A static pitot tube is installed at the inlet section of the wind tunnel to measure the reference pressure and subsequently the free-stream velocity. Pressure measurements for the airfoil surface and tunnel walls are performed using two sets of PSI pressure scanners with pressure ranges of ±6895 Pa (±1 psi) and ±2540 Pa (±10 in H 2 O) and a sampling frequency of 125Hz for a duration of 10 seconds at each angle of incidence in the upstroke (from −10 • to 25 • ), as well as in the downstroke (+25 • -−10 • ) pitching (For experiments at Re> 200,000, the more sensitive sensor is mounted on the walls as opposed to the airfoil surface to experience lower peak pressures, and vice versa). The first and last one-second of acquired data for each angle of attack are excluded for post-processing to avoid transitional effects, therefore a total of 1000 useable realizations for each experiment is analysed. The wake-rake and sidewall pressure taps are connected to the same pressure sensors as those used for the airfoil. The stagnation pressure is then measured in front of each tube. The airfoil is made of aluminum using Computer Numerical Control (CNC) milling, with a surface accuracy of ±0.01 mm. Due to the machining limitations, the trailing edge is cut with a finite thickness of 0.5 mm. Figure 2 shows the location of the pressure taps and the corresponding normal vectors at each location. NC-machined S826 airfoil and the pressure tap locations. The points shown by dash-line ented and the pressure data is interpolated for these locations based on the neighbouring lues. cussions easurement rements s the lift and drag polars at different Reynolds numbers. As can be observed d the appendices, there is a very small difference between the lift coefficients bers above 100,000 at the post-stall angles. It can also be seen that the lift and orresponding to Re=40,000 result in different values for increasing (upstroke) and stroke) the angle of attack. This is due to so-called static stall hysteresis (the ability er its past history). Static stall hysteresis will be thoroughly discussed in section error bars indicating uncertainties in the measurements are omitted in this figure t are discussed in the next sections. correction of the wind-tunnel walls has an impact on the airfoil measurements in the form Figure 3 shows the lift and drag polars at different Reynolds numbers. As can be observed from the figure and the appendices, there is a very small difference between the lift coefficients at Reynolds numbers above 100,000 at the post-stall angles. It can also be seen that the lift and drag coefficients corresponding to Re = 40,000 result in different values for increasing (upstroke) and decreasing (downstroke) the angle of attack. This is due to so-called static stall hysteresis (the ability of flow to remember its past history). Static stall hysteresis will be thoroughly discussed in Section 3.1.4. Note that the error bars indicating uncertainties in the measurements are omitted in this figure for more clarity, but are discussed in the next sections.
Results and Discussions
Wind Tunnel Measurement
Polar Measurements
Wind Tunnel Correction
The presence of the wind-tunnel walls has an impact on the airfoil measurements in the form of an increase in the measured lift, drag and pitching moments, due to the velocity increase around the model. The lateral walls in a 2D airfoil measurement cause solid blockage, wake blockage and streamline curvature effects, as investigated. The measured polars in this research are corrected against correction procedures proposed by [29, 30] , and the lift-drag ratios are plotted in Figure 4 . As can be seen, the effect of tunnel correction is negligible as the test section-to-airfoil area ratio is adequately large. 3.1.3. Pressure Distribution Figure 5 represents the pressure coefficient on the suction side of the airfoil for various free stream velocities, V ∞ . Here, the pressure coefficient is calculated as:
where ρ ∞ is the freestream density, p i is the static pressure at the i-th pressure tap, p ∞ is the static pressure in the free stream and the denominator is the dynamic pressure calculated as p 0 − p ∞ with p 0 being the stagnation pressure in the freestream. Each figure contains four curves corresponding to different measured angles of attack. The standard deviation of the measured signal is also plotted on top of the pressure measurement for all cases, and for clarity, only the pressure distributions on the suction side of the airfoil are shown in the figures (pressure side values do not represent any significant phenomena). As expected, the suction peak becomes larger with increasing Reynolds numbers, especially at AoA = 12 • . From Figure 5a , the pressure increases with the angle of attack until the stall angle. The suction peak also gets larger with the angle of attack. In some cases, a pressure plateau is observed, indicating a laminar separation bubble. From the standard deviations, it is clear that the variability of measurements is substantially higher at Re = 40,000, which is due to higher unsteadiness associated with the flow. Uncertainties associated with the experiments are also quantified. In comparison with temperature and density variations and other instrument uncertainties, local flow variability due to wind tunnel turbulence and blockage effects especially at higher angles of attack are found to be the main contributors to the uncertainties. Figure 6 shows the standard deviation at each pressure tap and for each angle of attack for various Reynolds numbers. It is found that the peak of the standard deviation occurs near the leading edge and around stall angles. Cases at Re = 40,000 generally exhibit higher uncertainties, especially near mid-chord, which is a result of flow unsteadiness in such cases. 
Stall Hysteresis
At low Reynolds numbers, the turbulent momentum transport is smaller than the adverse pressure gradient effect; hence, the momentum flux is not able to close the bubble, and a large separation bubble, potentially up to the trailing edge, is formed. This is followed by a further increase in C D and a loss of C L , resulting in a nonlinear behavior in the lift and drag prediction and a strong hysteresis effect. This effect can be discarded by triggering turbulence near the leading edge (LE) of the airfoil. To investigate the sensitivity of the airfoil to the hysteresis behavior at low Reynolds numbers, an experiment has been performed by locating a set of three parallel wires with cylindrical cross-sections vertically at a distance of 5.5c upstream of the test section to produce a turbulent in-flow with a small amount of turbulence intensity. To get an accurate measure of the turbulence levels produced by the wires, they are put in the empty test section, and the turbulence intensity produced by the wires is measured using a single sensor (5-µm tungsten wire) hot-wire probe, moving on a 1D traversing system. Figure 7a shows a sketch of the wire configuration used to generate turbulence, and Figure 7b shows the corresponding turbulence intensities at different locations downstream of the test section giving the decay of turbulence alongside the tunnel. The empty tunnel without wires is represented by the markers for U ∞ = 22.5 and 30 m/s, and four wires of 1.3 mm, 0.5 mm, 0.3 mm and 0.15 mm in thickness are used for the investigations. To get an idea of what type of disturbance we are creating using each wire configuration, a simple calculation of the Reynolds numbers is carried out and presented in Table 1 . In the table, σŪ corresponds to the standard deviation of the empty wind tunnel velocity, averaged over all measured angles of attack. As seen in the table, the lowest and highest Reynolds numbers based on wire diameter are 60 and 2600 for U = 6 m/s (chord-based Reynolds number of Re = 40,000) and U = 30 m/s (chord-based Reynolds number of Re = 200,000). This corresponds to a range of flow regimes with laminar vortex shedding up to turbulent vortex streets. As it is not our intention to further examine flow around a cylinder, we refer the interested reader to other references (e.g., [31] ) to gain further insight into flow physics at such Reynolds numbers. For brevity, the other Reynolds numbers are not shown here.
The turbulence intensities are measured at different downstream locations where a decay of turbulence can be seen for almost all cases. Thicker wires produce higher turbulence as they correspond to a higher wire Reynolds number. On the other hand, the turbulence levels are generally higher at lower velocities due to the quality of the wind in the wind tunnel. Here, we use the results shown in Figure 7a as an indication of the free stream turbulence generated by each wire at the corresponding wind velocity in the tunnel (chord Reynolds number). For example, the 1.3 mm-thick wire setup produces turbulence intensities of 2.28%, 1.93% and 1.85% at wind speeds of 6 m/s (Re = 40,000), 12 m/s and 18 m/s at three chords upstream of the airfoil LE location (
. The turbulence then decays as particles get closer to the airfoil. At a wind velocity of 6 m/s (Re = 40,000), the wire setups of 0.15, 0.30 and 0.5 mm in thickness produce an added turbulence of 0.14, 0.68 and 1.37%, respectively. These will be used to quantify the aerodynamics of the S826 airfoil in the following. and 0.5 mm thickness produce an added turbulence of 0.14, 0.68 and 1.37%, respectively. These will be 186 used to quantify the aerodynamics of the S826 airfoil in the following. and 0.5 mm thickness produce an added turbulence of 0.14, 0.68 and 1.37%, respectively. These will be 186 used to quantify the aerodynamics of the S826 airfoil in the following. As a first visual assessment of the effect of added turbulence at Re = 40,000, flow structures in the wake of the airfoil are compared, and the wave velocity time series at certain angles of attack and at the center of the wake rake (γ/c = 0), as well as average wake velocities behind the airfoil are shown in Figure 8 . Two cases are considered for comparison: the least turbulent case without wire-generated turbulence (D = 0 mm) and the case with the highest wire-generated turbulence among considered experiments (D = 0.50 mm). It is generally clear that, following the previous literature, adding the extra turbulence enhances flow attachment, thereby reducing the fluctuating signals. This effect is more pronounced at α = 6 • and α = 12 • , where a significant reduction of fluctuations and a smaller wake are seen by adding turbulence to the flow. A lower drag is therefore expected for the extra turbulence case due to smaller wake velocities. At α = 0 • and α = 20 • , the flow is fully attached and fully separated, respectively. Therefore, no significant impacts of adding the turbulence are seen. Figures 9 and 10 show the effect of the free-stream turbulence on lift and pressure measurements at Re = 40,000 and Re = 100,000. The impact of inflow turbulence on the temporal variability of the pressure measurements is also examined through plotting the error bars shown in both figures. At low Reynolds numbers, the use of wires results in a higher pressure distribution, which leads to higher lift coefficients. At α = 12 • , the two wires of thickness D = 0.30 mm and D = 0.50 mm reach an asymptotic behavior, which means no further changes will occur in the aerodynamics for higher turbulence levels. However, at Re = 100,000, results obtained using different turbulence levels are very similar as the hysteresis is almost disappearing at such higher Reynolds numbers. At α = 12 • , no change can be observed in the aerodynamic values, and for α = 6 • , adding turbulence results in a slightly smaller separation jump close to the trailing edge (TE). From the lift polars for Re = 40,000, mounting a wire of D = 0.50 mm at the inlet removes the hysteresis almost completely and results in a rise in the lift curve. The increase in turbulence intensity, therefore, has a similar impact on the airfoil performance as the increase in Reynolds number. The general trend of an inverse relation between hysteresis and free stream turbulence agrees well with the literature (see e.g., [32] ). For clarity, the downstroke pitching is not shown. The three points shown by upward-pointing double arrows on the horizontal axes of pressure distribution subfigures are found by interpolating/extrapolating the neighboring points, as it was not possible to make measurements at those points due to machining and size limitations.
Identification of Three-Dimensional Flow over the Airfoil
In this paper, lift coefficients have been measured using both integration of surface pressure (Cl p ) and through direct reading of the force gauge (Cl g ). As presented earlier, pressure measurements have only been performed over an inclined line of pressure taps and not through the entire span; therefore, assuming an adequate number of pressure tap readings, which is to a high degree the case in current experiments, a nonidentical lift value given by gauge and pressure measurements is a direct indication of the three-dimensionality of the flow over the airfoil. A similar argument can be made for drag measurements using surface pressure integration (Cd p ), as well as momentum analysis using wake rake pressure scanners (Cd w ), which happens at a spanwise location other than airfoil pressure taps. Figure 11 shows such a comparison of lift measurements for Reynolds numbers 40,000 and 200,000. As can be seen, for both cases, there is an inconsistency between both measurements, which reveals the presence of 3D effects. Further analysis of spanwise flow structures is presented in the following section. 
Surface Oil Flow Visualization
In connection with the above observations on the three-dimensionality of the flow, a surface oil flow visualization (SOFV) technique is used on the airfoil to study flow topology on the suction side of the airfoil. In order to prepare for the experiments, a visualization mixture with the components as presented in Table 2 is sprayed on the airfoil surface.
Depending on the angle of attack and Reynolds number, the experimental time is adjusted for the mixture to dry out. The corresponding figures represent the oil traces at the end of each test. Subsequently, no time evolution of the flow is considered in this section. Figure 12 illustrates a visualization of stall cell formation performed in the present research with visible pairs of stall cells at Re = 160,000 near the stall angle of attack. This case has been chosen here for demonstration as it resulted in the clearest stall cell patterns. The flow passing from the leading edge (LE) towards the trailing edge (TE) undergoes a short separation and reattachment and later on separates due to geometrical constraints and strong pressure gradients. The shape and number of stall cells are governed by a combination of Reynolds number, the angle of attack and airfoil geometry (including aspect ratio).
As presented previously, strong low Reynolds number effects appear at Re = 40,000, particularly for angles of attack near stall. Figure 13 shows the evolution of the flow for increasing angles of attack (α = 0 • , 6 • , 12 • ) at Re = 40,000. The presence of a laminar separation bubble (LSB) can be detected by an accumulation of white powder, which is observed for the three angles of attack. It is seen that the separation and reattachment locations (and hence, the LSB) move upstream towards the leading edge as the angle of attack increases. This is in agreement with the previous findings (e.g., Figure 5a ). as the angle of attack increases. This is in agreement with the previous findings (e.g. figure 5(a) ). Only portions of the span are presented in Figure 13 , as the flow in most cases is two-dimensional at this Reynolds number; see Figure 14 for the case at α = 6 • . In this figure, the flow is directed from bottom to top, and the full span is represented by the junction of two pictures showing respectively the left and right parts of the span. Some wall effects in the form of corner vortices are observed; however, they do not impact the center of the test section where the pressure measurements were taken.
LE.
TE. The 2D flow characteristics observed at Re = 40,000 for α = 0 • , 6 • , 12 • and 20 • somewhat evolve at higher Reynolds numbers into large 3D structures. This is well visualized in Figure 15 . Note that in order to have the possibility to separate the upper and lower surfaces of the airfoil, for accessing the pressure gauges, for example, the two surfaces were screwed together, leaving screw holes that can be treated as surface inhomogeneities or vortex generators, which can consequently initiate the formation of stall cells. In order to mitigate the effect of these disturbances, all measurements are performed by covering the screw holes in all experiments using plastic tape, which is a somewhat common practice. However, to minimize the effect of any disturbances, the airfoil surface holes have been made completely smooth by applying metal filler, and SOFV is performed for further investigation. 
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Detailed experimental analysis of the NREL S826 airfoil at Reynolds numbers ranging from 40,000 The figure 15 also shows the flow visualizations at α = 12 • for three cases to cross-compare the effects of both the Reynolds number and disturbances on the topology of the 3D structure: two cases with adhesive tape at Re = 160,000 and 100,000 and one case with filler at Re = 100,000. Compared to Figure 13 , it can be seen that the location of the laminar separation and reattachment is now moved much further upstream towards the leading edge (indicated by the thick white lines at the leading edge). All cases develop distinct stall cells as well as the so called corner vortices near the wall. The figures also show that the tape pieces influence the shape of the stall cells; however, this is not the only reason for the generation of the stall cells (Figure 12 may be used to explain the physics further). Indeed, stall cells are observed even with the filler. They are present on a smaller portion of the chord, but their width is similar. As the tape pieces were influencing the flow, the following tests were performed with the tape filler.
Similar to Figure 13 , the effect of the angle of attack is investigated in Figure 16 at a Reynolds number of Re = 200,000. As can be seen, both cases at α = 0 • and α = 6 • exhibit a laminar separation at about 50% and 40% of the chord, respectively, and a turbulent reattachment at about 80% and 60% of the chord. The laminar separation bubble becomes hence smaller and moves upstream as the angle of attack increases. However, no sign of stall cells is visible at such low angles of attack. TE. Figure 16 . Effect of increasing angle of attack on stall cell flow patterns for Re=200,000. Flow is directed from bottom (LE) to top (TE).
• Dependence of the flow patterns to the disturbances on the airfoil surface was investigated and TE. Figure 16 . Effect of increasing angle of attack on stall cell flow patterns for Re=200,000. Flow is directed from bottom (LE) to top (TE).
• Dependence of the flow patterns to the disturbances on the airfoil surface was investigated and Figure 17 illustrates the Reynolds number effects on the flow patterns on the airfoil by keeping the angle of attack constant at α = 12 • . As can be seen, no stall cells are created at Re = 40,000. At Re = 100,000 and 200,000; however, the patterns of stall cell are clear, and it can be seen that the strength of the stall cells increases and the vortex pairs near the trailing edge become more distinguishable as the Reynolds number increases. Another observation is that in Figures 16 and 17 , one can observe corner vortices whose magnitude increases with the angle of attack and Reynolds number. Appendix A : Lift and drag coefficients of the NREL S826 Airfoil for Re=40,000 to 400,000.
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This section summarises the detailed airfoil lift and drag measurements at various tested free
333
stream turbulence values and Reynolds numbers 40,000, 60,000, 80,000, 100,000, 120,000, 150,000, 334 200,000, 300,000 and 400,000. The experiment results at Re=40,000 are presented at both upstroke and 335 downstroke pitching as a significant hysteresis dominates the aerodynamics. 
Conclusions
Detailed experimental analysis of the NREL S826 airfoil at Reynolds numbers ranging from 40,000-200,000 was presented in this paper. In particular, surface pressure measurements were carried out for angles of attack of 0 • , 6 • , 12 • and 20 • , respectively, and the flow patterns on the suction side of the airfoil were particularly studied to investigate the creation of separation bubbles, as well as the formation of the stall cells (mushroom structures) due to the 3D flow separation. The main findings of the current research are summarized below.
• The NREL S826 airfoil was experimentally investigated and detailed airfoil polars, pressure distribution, as well as surface flow visualizations were documented for future use as a reference.
• It was found that the separation point moves towards the leading edge when increasing the angle of attack and Reynolds number.
• Strong hysteresis effects were observed at Reynolds numbers lower than 100,000. The characteristics of the airfoil for higher Reynolds number flows are somewhat independent of the Reynolds number.
• No stall cells were found at Re = 40,000, but it was observed that increasing the Reynolds number may result in distinct vortex pairs, which are most visible around an angle of attack α = 12 • , close to the stall angle.
• Through upstroke and downstroke pitching of the airfoil, static stall hysteresis was found responsible for some of the complexities of the S826 airfoil at low Reynolds numbers, and a method for removing such effects based on inflow turbulence generation was tested successfully. It was found that the hysteresis strength has an inverse relation with the Reynolds number, and the effects diminish at Re = 100,000.
• The dependence of the flow patterns on the disturbances on the airfoil surface was investigated, and it was found that the presence of surface roughness results in more distinct vortex pairs on the suction side of the airfoil. However, disturbances themselves cannot promote the formation of stall cells.
• As mentioned in the Introduction, results presented in this article will be applicable to a wide range of low Reynolds number flows such as domestic and vertical axis wind turbines. Of particular interest is, nonetheless, the importance of 3D flow aerodynamics near the blade hub where the Reynolds numbers are smaller due to low speeds. The evolution of root vortices may be affected by the flow distribution and 3D effects stemming from the formation of stall cells. The interesting flow features in the root region, which consequently may affect the evolution of tip vortices, thereby influencing the wake behind turbines, have received little attention in the past, nor have they been addressed in the present article, but these flows will be studied in future research. Table A2 . Lift coefficients for the S826 airfoil at Re = 40,000 up to Re = 400,000. The values are measured in upstroke pitching, while those shown in parenthesis for the low Reynolds number refer to the downstroke pitching. The hysteresis effects become weaker by increasing the Reynolds number and essentially vanish at Reynolds numbers higher than 100,000. 
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